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WAVEFRONT MEASURING APPARATUS,
WAVEFRONT MEASURING METHOD, AND
COMPUTER-READABLE MEDIUM STORING
PROGRAM

CROSS-REFERENCE TO RELATED
APPLICATIONS

This application is a Continuation of co-pending U.S.
patent application Ser. No. 13/561,824, filed Jul. 30, 2012,
which claims foreign priority benefit of Japanese Patent
Application No. 2011-170288 filed Aug. 3, 2011 and Japa-
nese Patent Application No. 2012-137921 filed Jun. 19,2012,
all of which are hereby incorporated by reference herein in
their entirety.

BACKGROUND OF THE INVENTION

1. Field of the Invention

Disclosed aspects of the embodiments relate to a wavefront
measuring apparatus, a wavefront measuring method, and a
computer-readable medium storing a program for use in
them. More particularly, the disclosed aspects relate to a
wavefront measuring apparatus, a wavefront measuring
method, and a program, which are adapted for deriving wave-
front information from a periodic pattern (periodic pattern of
light) that has been modulated by a specimen (i.e., an object
to be analyzed).

2. Description of the Related Art

In the optical metrology, information of a specimen is often
derived by analyzing modulation of a periodic pattern. As
analytical techniques for the periodic pattern, there are known
a phase shifting method and a windowed Fourier transform
method. The phase shifting method and the windowed Fou-
rier transform method are described in brief by taking, as an
example, a periodic pattern I(x, y) expressed by the following
formula (1). For simplicity, a one-dimensional periodic pat-
tern is discussed below, but the following discussion is simi-
larly applied to a two-dimensional periodic pattern as well:

M

where a(x, y) is a background irradiance, b(x, y) is an ampli-
tude distribution of the periodic pattern, w, is a spatial carrier
frequency, and ¢(x, y) is a phase distribution or a differential
phase distribution induced by the specimen.

The phase shifting method is a technique of measuring the
wavefront of light having transmitted through a specimen by
using a plurality of periodic patterns that have phases shifted
from one another, and obtaining information of the specimen.
The phase shifting method is featured in that the information
of'the specimen is independently obtained from the intensity
of the light detected for each of pixels. Let consider, as an
example, the case of extracting the information of the speci-
men from three periodic patterns having phases shifted from
one another, which are expressed by the following formulae

(2):

I(xy)=a(xy)+b(x,y)cos [0x+¢(x.y)]

Li(x, y) = alx, y) + b(x, y)cos[wex + ¢(x, y)] @
Lx, y)=alx, y) + b(x, y)cos[wxx +o(x, ¥)+ Zﬂ%]
L(x, y)=alx, y) + b(x, y)cos[wxx +o(x, y) + 271%]

According to The Japan Society of Applied Physics,
Atsushi Momose, Wataru Yashiro, Yoshihiro Takeda, Yoshio
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Suzuki and Tadashi Hattori, “Phase Tomography by X-ray
Talbot Interferometry for Biological Imaging”, Japanese
Journal of Applied Physics, Vol. 45, No. 6A, pp. 5254-5256
(2006), Japan, the phase distribution or the differential phase
distribution induced by a specimen is obtained from the fol-
lowing formula (3). In the formula (3), arg[*] denotes a phase
component of the expression within [ ].

®

> k-1
o(x, y) = arg E Ii(x, y)exp[—Zni 3 ]
=

Because the obtained phase distribution or differential
phase distribution is given as a value wrapped between —rt and
T, it is to be unwrapped.

Thus, when the periodic pattern capable of being expressed
by the formula (1) is used, the wavefront information of the
light having transmitted through the specimen is derived by
the phase shifting method if there are three or more periodic
patterns, and the phase distribution or the differential phase
distribution of the specimen is obtained.

On the other hand, the windowed Fourier transform
method is featured in that the wavefront information of the
light having transmitted through the specimen may be derived
from even one periodic pattern. Details of the windowed
Fourier transform method is discussed in Elsevier, Qian
Kemao, “Two-dimensional windowed Fourier transform for
fringe pattern analysis: Principles, applications and imple-
mentations”, Volume 45, Issue 2, pages 304-317, Optics and
Lasers in Engineering, 2007, The Netherlands. The win-
dowed Fourier transform method is described in brief below.
The formula (1) is rewritten into the following formulae (4).

1(x, y) = a(x, y) + c(x, y)exp(iw,x] + ¢*(x, y)exp[—iw,x] “)
blx, .
e, ) = 2D explipte,
bix,
et ) = 2D expl-igtx, )

2

According to the windowed Fourier transform method, the
wavefront information of the light having transmitted through
the specimen is derived by locally cutting out the periodic
pattern with a window function, and determining Fourier
coefficients of a zeroth-order spectrum and a spatial carrier
frequency. In other words, a(x, y), ¢(X, y) and c*(x, y) are
obtained by the following formulae (5):

a(x,y)=lTn Vg, v-y)dudv
e y)IM,v)g(p-xv-y)exp[~ioujdudv

®

where the window function is g(x, y), and p and v are each a
variable of integration. Further, as in the phase shifting
method, because the obtained wavefront information is given
as a value wrapped between —m and =, it is to be unwrapped.

In the phase shifting method, when the periodic pattern is
expressed by the formula (1), at least three periodic patterns
having phases shifted from one another are employed for the
reason that there are three unknowns. More periodic patterns
are to be employed in order to obtain phase distributions or
differential phase distributions in two directions from two-
dimensional periodic patterns.

e* ()=l v)g(p-x,v-y)explio i dudv
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Meanwhile, with the windowed Fourier transform method,
the information of the specimen is obtained from one periodic
pattern. However, the wavefront information of the light is not
independently derived from the detection result for each
pixel, but by using the detection results of surrounding pixels
as well. Accordingly, accuracy of the wavefront information
obtained with the windowed Fourier transform method is
lower than that obtained with the phase shifting method.

SUMMARY OF THE INVENTION

In view of the problems described above, the present dis-
closure provides a wavefront measuring method, a wavefront
measuring apparatus, and a computer-readable medium stor-
ing a program, which may accurately derive wavefront infor-
mation by using the windowed Fourier transform method
even from fewer periodic patterns than used in the phase
shifting method.

According to an embodiment, there is provided a wave-
front measuring apparatus including an optical element
arranged to form a periodic pattern by light emitted from a
light source, a detector having a plurality of pixels to detect
the light that enters the detector from the optical element, and
a computer configured to compute, based on detection results
of the detector, wavefront information at a plurality of posi-
tions in a wavefront of the light having transmitted through or
having been reflected by a specimen, wherein the detector
detects a first periodic pattern formed by the light from the
optical element, and a second periodic pattern formed by the
light from the optical element and having a phase shifted with
respectto a phase of the first periodic pattern, and wherein the
computer computes the wavefront information at one of the
plural positions by using a detection result detected in a first
pixel of the plural pixels at time of detecting the first periodic
pattern, a detection result detected in a second pixel of the
plural pixels at the time of detecting the first periodic pattern,
the second pixel being positioned within three pixels from the
first pixel, and a detection result detected in the first pixel at
time of detecting the second periodic pattern.

Further features of the present invention will become
apparent from the following description of exemplary
embodiments with reference to the attached drawings.

BRIEF DESCRIPTION OF THE DRAWINGS

FIG. 1 is an overall view of a wavefront measuring appa-
ratus according to a first embodiment.

FIGS. 2A and 2B are each a conceptual view of a wavefront
measuring method according to the first embodiment.

FIG. 3 is a conceptual view of a wavefront measuring
method according to a second embodiment.

FIG. 4 is a schematic view of a source grating used in
EXAMPLES 1 and 2.

FIGS. 5A and 5B are schematic views of phase gratings
used respectively in EXAMPLES 1 and 2.

FIGS. 6A and 6B are schematic views of absorption grat-
ings used respectively in EXAMPLES 1 and 2.

FIGS. 7A and 7B illustrate simulation results
EXAMPLE 1.

FIGS. 8A and 8B
EXAMPLE 2.

FIGS. 9A and 9B each illustrate line profiles as simulation
results in EXAMPLE 2 and COMPARATIVE EXAMPLES 3

in
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and 4.
FIGS. 10A and 10B illustrate simulation results in
EXAMPLE 3.
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FIGS. 11A and 11B illustrate simulation results in
EXAMPLE 4.

FIGS. 12A and 12B each illustrate line profiles as simula-
tion results in EXAMPLE 4 and COMPARATIVE
EXAMPLES 3 and 4.

FIG. 13 is an overall view of a wavefront measuring appa-
ratus used in EXAMPLE 5.

FIGS. 14A and 14B are illustrations to explain definition of
coordinate axes.

FIG. 15 is an overall view of a wavefront measuring appa-
ratus used in each of EXAMPLES 6 and 7.

FIGS. 16A to 16D illustrate a specimen used in
EXAMPLES 6 and 7.

FIGS. 17A to 17C illustrate a moiré acquisition manner
and a simulation result in EXAMPLE 6.

FIG. 18 illustrates line profiles as simulation results in
EXAMPLE 6 and COMPARATIVE EXAMPLES 5 and 6.

FIGS. 19A to 19C illustrate a moiré acquisition manner
and a simulation result in EXAMPLE 7.

FIGS. 20A and 20B illustrate simulation results in COM-
PARATIVE EXAMPLE 1.

FIGS. 21A and 21B illustrate simulation results in COM-
PARATIVE EXAMPLE 2.

FIGS. 22A and 22B illustrate simulation results in COM-
PARATIVE EXAMPLE 3.

FIGS. 23A and 23B illustrate simulation results in COM-
PARATIVE EXAMPLE 4.

FIGS. 24 A to 24D illustrate moiré acquisition manners and
simulation results in COMPARATIVE EXAMPLES 5 and 6.

FIGS. 25A and 25B illustrate a moiré acquisition manner
and a simulation result in COMPARATIVE EXAMPLE 7.

DESCRIPTION OF THE EMBODIMENTS

First and second embodiments will be described below
with reference to the accompanying drawings. It is to be noted
that, in the drawings, the same components are denoted by the
same reference numerals and duplicate descriptions are omit-
ted. The first and second embodiments are in common in that
a periodic pattern of light (i.e., a periodic pattern) is detected
plural times, a virtual periodic pattern is obtained from the
plural periodic patterns, and information regarding the wave-
front of the light is derived by using the virtual periodic
pattern.

First Embodiment

The first embodiment is described in connection with a
wavefront measuring apparatus in which the wavefront of
light having transmitted through a specimen is measured in
accordance with the phase shifting method.

The wavefront measuring apparatus according to this
embodiment is an X-ray imaging apparatus (hereinafter
referred to also as an “X-ray phase imaging apparatus”),
which performs X-ray phase imaging by employing the Tal-
bot-Lau interference method. However, embodiments are
limited to neither the Talbot-Lau interference method nor the
wavefront measuring apparatus that performs the X-ray phase
imaging. The embodiments may also be applied to general
techniques for measuring modulation of a periodic pattern,
the modulation being caused by a specimen.

Because the X-ray phase imaging apparatus employing the
Talbot-Lau interference method is discussed in detail in SPIE,
Timm Weitkamp, Christian David, Christian Kottler, Oliver
Bunk, and Franz Pfeiffer, “Tomography with grating interfer-
ometers at low-brilliance sources”, Proceedings of SPIE Vol.
6318, 63180S-1 (2006), USA an outline is described here.
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FIG. 1 is a schematic view of the wavefront measuring appa-
ratus (X-ray phase imaging apparatus) according to the first
embodiment, the apparatus employing the Talbot-Lau inter-
ference method.

The wavefront measuring apparatus 1 according to the first
embodiment includes an X-ray source 110 as a light source, a
source grating 120 for dividing X-ray radiation from the
X-ray source 110 into a plurality of beams, a phase-type
diffraction grating (hereinafter referred to as a “phase grat-
ing”) 140, and a shield grating 150. The phase grating 140 and
the shield grating 150 are optical elements for forming a
periodic pattern with the X-ray beams from the source grating
120. The wavefront measuring apparatus 1 further includes a
detector 160 for detecting an X-ray pattern from the shield
grating 150, and a computer 170 serving as an arithmetic unit
(processing unit) that executes calculations on the basis of
detection results of the detector 160. In addition, the wave-
front measuring apparatus 1 includes an actuator 180 as a
moving unit that moves at least one of the source grating 120,
the diffraction (phase) grating 140, the shield grating 150, and
the detector 160.

The operation of the wavefront measuring apparatus
including those components is described below.

The X-ray radiation from the light source (X-ray source)
110 is delivered to the source grating 120.

The source grating 120 has an X-ray transmitting portion
and an X-ray shielding portion, and it divides the X-ray radia-
tion from the X-ray source 110 into plural X-ray beams.

The X-ray beam divided by the source grating 120 is deliv-
ered to impinge upon a specimen 130, and the X-ray having
transmitted through the specimen 130 is diffracted by the
diffraction (phase) grating 140.

The phase grating 140 is a phase-type diffraction grating
for periodically changing the phase of the X-ray. The phase
grating 140 has a phase reference portion and a phase shift
portion, which are periodically arrayed. When the phase grat-
ing 140 diffracts the X-ray having transmitted through the
specimen 130, an interference pattern of the light (X-ray) is
formed at a predetermined distance that is called the Talbot
distance. That interference pattern is a periodic pattern (X-ray
periodic pattern). The term “periodic pattern” in the present
specification includes a pattern that does not have a fixed
(predetermined) period even when the specimen is not
arranged between the light source and the periodic pattern.
For example, a pattern in which the period is gradually
changed as a distance from a pattern center increases is also
called the periodic pattern. Accordingly, as used herein the
term “period pattern” may include patterns of a fixed (prede-
termined) period or patterns of a variable period.

The shield grating 150 is arranged at a position spaced from
the phase grating 140 by the Talbot distance such that the
interference pattern is formed on the shield grating 150. The
shield grating 150 has a light (X-ray) shielding portion (here-
inafter referred to as a “shielding portion”) and a light (X-ray)
transmitting portion (hereinafter referred to as a “transmitting
portion”), which are periodically arrayed. A period at which
the shielding portion and the transmitting portion are arrayed
slightly differs from a period of the interference pattern
formed on the shield grating 150. Therefore, the X-ray having
transmitted through the shield grating 150 forms a moiré that
is an X-ray periodic pattern. In this embodiment, the moiré
formed through the phase grating 140 and the shield grating
150 is detected, and information of the specimen is obtained
from the moiré. It should be understood that in general a
moiré is created, for example, when two gratings have
slightly different mesh sizes (grating periods), as described

10

15

20

25

30

35

40

45

50

55

60

65

6

above, but the moiré may also be created when two gratings
are spatially overlaid at an angle.

The detector 160 has a plurality of pixels for detecting the
intensity of light (X-ray) and detects the moiré formed by the
light having transmitted through the shield grating 150.

Based on detection results of the detector 160, the com-
puter 170 computes wavefront information at plural positions
of a wavefront of the light forming the moiré. The wavefront
information computed here represents at least one of phase,
amplitude, and scattering parameters included in the wave-
front. Because the light forming the moiré is modulated by the
specimen 130, the wavefront information computed by the
computer 170 contains information of the specimen 130.

An analytical method executed by the computer 170 to
obtain the wavefront information will be described later.

The actuator 180 moves or rotates the interference pattern
and the shield grating 150 relatively by displacing at least one
of the source grating 120, the phase grating 140, and the
shield grating 150. The actuator 180 may perform both the
movement (translation) and the rotation. As a result, the phase
ofthe moiré is shifted. The displacement may be a movement
changing a position or a rotational movement changing a tilt.
While the interference pattern and the shield grating are rela-
tively moved and/or rotated in this embodiment, a moving
unit is just to be capable of shifting the phase of the moiré
(interference pattern). For example, the phase of the moiré
may be shifted by moving the detector 160.

The analytical method of computing the wavefront infor-
mation with the computer 170 in this embodiment will be
described below.

As mentioned above, the analytical method based on the
phase shifting method is described in this embodiment.

The computer 170 in this embodiment computes the wave-
front information by using a first periodic pattern (first X-ray
periodic pattern) detected by the detector 160, and a second
periodic pattern (second X-ray periodic pattern) having a
phase different from that of the first periodic pattern, thereby
obtaining the information of the specimen. The first periodic
pattern and the second periodic pattern are each the moiré
formed by the light having transmitted through the shield
grating 150. In this embodiment, the second periodic pattern
is detected by, after detecting the first periodic pattern, mov-
ing the interference pattern and the shield grating relatively
by the actuator 180 to shift the phase of the moiré, and
detecting the moiré again by the detector 160. However, if the
relative movement distance between the interference pattern
and the shield grating is equal to an integer multiple of the
period of the interference pattern or the shield grating, the
phase of the formed moiré is not shifted (namely, a shift
amount is an integer multiple of 2x). Therefore, the second
periodic pattern is not detected (namely, the first periodic
pattern is detected again). For that reason, when the phase of
the moiré is shifted by relatively moving the interference
pattern and the shield grating to change a positional relation-
ship therebetween, the relative movement is performed such
that the relative movement distance between the interference
pattern and the shield grating is not equal to an integer mul-
tiple of the period of the interference pattern or the shield
grating.

Here, the moiré intensity of the first periodic pattern is
denoted by I, and the moiré intensity of the second periodic
pattern is denoted by 1.

In this embodiment, the information of the specimen is
obtained from I, and I, expressed by the following formulae
(6):

Ii(xy)=a(xy)+b(x.y)cos [0x+¢(x.)]
Q)

where a(x, y) is a background periodic pattern, b(x, y) is an
amplitude distribution of the moiré, w, is a spatial carrier

Lxy)=a(x.y)+b(x.y)cos [0 (x+0)+¢(x,.)]
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frequency, w,c is a phase shift amount (phase difference)
between I, and 1,, and ¢(x, y) is a differential phase distribu-
tion of the specimen. Further, a unit of each of x and y is a
pixel.

Virtual moirés I; and 1, expressed by the following formu-
lae (7) are obtained from I, and 1,:

Lxy)=l,(x-m,y)

M

In the formulae (7), m and n are each an integer other than
0, and they may be the same number or different numbers.
When changes of a(x, y), b(x, y) and ¢(X, y) are sufficiently
moderate with respect to w_, the formulae (7) may be rewrit-
ten into the following formulae (8):

Lixy)=h(x-ny)

L(x, y) = alx —m, y) + b(x — m, y)cos[w(x —m) + ¢(x, )] (3)

& a(x, y) + b(x, y)eos[wy(x —m) + ¢(x, y)]

Lix, y) =alx —m, y) + b(x —m, y)cos[wy(x —m+ @) + p(x —m, y)]
~ a(x, y) + b(x, y)cos[wy(x —m + @) + o(x, y)]

The formulae (6), (7) and (8) are rewritten into the follow-
ing formulae (9):

Ii(x, y) = alx, y) + )

blx, y)

(expliwxx]explie(x, y)] + exp[-iw xlexp[-ip(x, y)])

s )(exp[l(wx(x+ a)lexpliplx, y)l +

Lx, y)=alx, y)+

exp[—i(ws(x + a))lexp[-io(x, y)])

s )(exp[l(wx(x m))lexplig(x, y)] +

Lx, y)=alx, y)+

exp[—i(wx (x — m))Jexp[—ig(x, y)])

bix, y) . .
Lx, y) = alx, y) + 5 (explifwy (x — m + a))]explip(x, y)] +

exp[—i(wy(x —m + a))]exp[—ip(x, Y)])

Further, the formulae (9) is expressed by the following
formula (10) in the form of a matrix:

Ii(x, ) (10)
by |
By |
Li(x, y)
1 explic.x] exp[—itwyx]
. a(x, y)
1 p[l(wx(x +a))] exp[—i(ws (x + @))]
. c(x, y)
L expliw,(x —m)] exp[—itw, (x — m)]
. cx(x,y)
1 expli(w(x —m+ )] exp[—i(w,(x —m + )]
b(x,
ot = = expliptr. .
etx = 5D expligtn,

Accordingly, given that a pseudo inverse matrix of a matrix
Ais A™! a(x, y), c(%, y) and c*(x, y) are obtained from the
following formula (11), while b(x, y) and ¢(x, y) are obtained
from c(x, y) and c*(x, y):
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alx, y) an
cxy) |=
(X, y)

1 expliwsx] expl—itwxx] N y)

1 P[E(wx(x+w))] exp[—i(wx(x + )] hLx, y)

1 P[wa(x m)] exp[—itw; (x — m)] 5(x, y)

1 explilwx(x—m+ )] expl-i(w:(x —m + ))] L4(x, y)

Thus, the wavefront information at one position (x, y) is
obtained from the first periodic pattern (I,;) and the second
periodic pattern (1,).

Because the Talbot-Lau interferometer is a shearing inter-
ferometer, differentiated data of the wavefront information
(i.e., differential wavefront information) is obtained. There-
fore, a differential phase image of the specimen is obtained by
mapping the ¢(X, y). Moreover, a phase image is obtained
from the differential phase image, and an absorption image
and a scattering image of the specimen are obtained respec-
tively from a(x, y) and b(x, y). While ¢(x, y) obtained in this
embodiment represents a differential phase distribution of the
specimen because the Talbot-Lau interferometer is a shearing
interferometer, ¢(X, y) represents a phase distribution of the
specimen when an interferometer other than the shearing
interferometer, such as a Michelson interferometer or a
Fizeau interferometer, is used. Therefore, a phase image is
obtained by mapping ¢(x, y) that has been obtained with the
interferometer other than shearing interferometer.

FIGS. 2A and 2B are each a conceptual view illustrating
the analytical method executed by the computer 170 in this
embodiment. FIG. 2A illustrates the concept of deriving the
information of the specimen by, as described above, obtaining
1; from I, and I, from I,,, respectively, and by carrying out the
phase shifting method based on the actually detected moiré
(1,, I,) and the virtual moiré (15, L,).

15 is obtained from I, by a method using the formula (7),
and the intensity of X-ray (light) at particular coordinates (x,
y) within I; is provided as the intensity of X-ray at particular
coordinates (x-m, y) within I,, which differ from the particu-
lar coordinates (X, y). 1, is similarly obtained from I,.

FIG. 2B illustrates an analytical method executed by the
computer 170 in accordance with the above-described con-
cept.

Thus, FIG. 2B is a conceptual view illustrating the analyti-
cal method executed by the computer 170 in this embodiment
on condition that m and n are each +1. As illustrated in FIG.
2B, the information of the specimen at (x, y) is obtained by
carrying out the phase shifting method based on the detection
results of the X-ray intensity at (x,y) in [, (X, y) in L,, (x+1,
y)inl,, whichis given as (x,y) in1;, and (x+1, y) in I,, which
is given as (X, y) in L.

To explain the analytical method used in this embodiment
in another way, a pixel where the X-ray intensity at (X, y) is
detected is defined as a first pixel, and a pixel where the X-ray
intensity at (x—m, y) is detected is defined as a second pixel.
Further, m and n are defined as the same value. In this embodi-
ment, the wavefront information is derived by restoring
phases on condition that a detectionresult (I, (x, y)) of the first
pixel at the time of detecting the first periodic pattern (I,), a
detection result (I,(x+m, y)) of the second pixel at the time of
detecting I, a detection result (I,(x, y)) of the first pixel at the
time of detecting the second periodic pattern (I,), and a detec-
tion result (I,(x+n, y)) of the second pixel at the time of
detecting 1, are regarded respectively as detection results of
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the first pixel ((x, y)) at the times of detecting I}, 15, I, and L.
Here, the expression “restoring phases on condition that those
detection results are regarded respectively as detection results
of'the first pixel ((x, y)) at the times of detecting [, 15, I, and
1,” implies that phases are restored by using a calculation
method used in the phase shifting method by regarding the
above-mentioned four detection results respectively as detec-
tionresults of the first pixel ((x,y)) at the times of detecting I,
15,1, and 1. The calculation method used in the phase shifting
method may be executed by using the above-mentioned for-
mula (11) or another calculation formula. In such a manner,
the wavefront information of the X-ray (light) having entered
the first pixel is derived. Furthermore, the phase shifting
method may be carried out by regarding I, (x, y), I, (x+m, y),
1,(%, y), and I,(x+n, y) respectively as detection results of the
second pixel at the times of detecting I, I, I, and I,. In that
case, the wavefront information of the X-ray (light) having
entered the second pixel is derived. However, the derived
wavefront information is the same regardless of whether [, (x,
y), I, (x+m, y), ,(X, y), and I,(x+n, y) are regarded as detec-
tion results of the first pixel or the second pixel.

Alternatively, m and n may take different values from each
other. For example, a similar analysis to that in this embodi-
ment may be executed by using the detection result of the first
pixel at the time of detecting I, the detection result of the
second pixel at the time of detecting [, the detection result of
the first pixel at the time of detecting 1,, and the detection
result of a pixel, which is neither the first pixel nor the second
pixel, at the time of detecting I,. In that case, the phase
shifting method may be carried out by regarding the above-
mentioned detection results respectively as the detection
results of the first pixel at the times of detecting I,, 15, I, and
1,

Moreover, even when the phase difference (w, o) between
I, and 1, is equal to a phase difference between the light
detected in the first pixel and the light detected in the second
pixel, the phase shifting method may be carried out by using
L y), Li(x+m, y), Ix(x, y), and L(x+n, y).

In that case, I, (x+m, y) and I,(x, y) are the same (precisely
speaking, they slightly differ from each other because the
X-rays having transmitted through different portions of the
specimen are detected). In view of that point, the phase shift-
ing method may be carried out by regarding one of three (i.e.,
I,(x4m, y), L,(X, y), and a mean of I,(x+m, y) and I,(x, y)) as
L, y), ,(x,y) as I,(x,y), and I,(x+n, y) as 15(x, y), respec-
tively. When a formula representing the moiré has three
unknowns as in the formula (1), the computer 170 in this
embodiment may execute the analytical method if there are
three or more moirés including a virtual moiré. Furthermore,
if there are three or more moirés including a virtual moire, the
phase shifting method may be carried out on condition that m
and n are each an integer other than 0, as described above,
without being limited to +1. However, a smaller absolute
value of each of m and n is more beneficial because changes
of a(x, y), b(x, y) and ¢(x, y) become more moderate. A
beneficial range of the absolute value of each of m and niis 1
to 3, and a more beneficial range is just 1. Even more benefi-
cially, m=n is satisfied.

When the absolute value of each of m and n is 3, the second
pixel is located at a three-pixel position counting from the first
pixel. When the absolute value of each of m and n is 1, the
second pixel is located adjacent to the first pixel. In other
words, when the first pixel and the second pixel are adjacent
to each other, the second pixel is located at a one-pixel posi-
tion counting from the first pixel.

Phase shift amounts of periodic patterns used in a general
phase shifting method are beneficially the same. For example,
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when an analysis is executed by using four moirés, phases of
the four moirés are beneficially shifted by the same amount,
i.e., (¥2)m. Similarly, it is beneficial in this embodiment that
the phase shifting amounts of I, I,, I; and 1, are the same.
Thus, given that m=n==1 is held and a period of the moiré
(periodic pattern) in units of pixel size is P (P=4 when the
period of the moiré is 80 pm and the pixel size is 20 pm), the
analysis is executed by using [, and I,, which satisfy a=P/2.

In short, according to this embodiment, the information of
the specimen is obtained by computing the first virtual peri-
odic pattern (I;) and the second virtual periodic pattern (I,)
from the first periodic pattern (I,) and the second periodic
pattern (I,), respectively, and by applying the phase shifting
method to those four periodic patterns.

The analytical method for the first periodic pattern and the
second periodic pattern by the computer 170 has been
described above. The above-described calculations may be
executed on the computer 170 by installing, in the computer
170, a program that instructs the computer 170 to execute the
above-described calculations.

While, in this embodiment, a moiré is formed by using the
shield grating and the moiré is detected and analyzed, an
interference pattern, not a moiré, may be directly detected and
analyzed in which case shield grating is not needed.

By using the shield grating as in this embodiment, a detec-
tor having a resolution distance larger than the pitch of the
interference pattern may be used.

Second Embodiment

A method of deriving the wavefront information by using a
wavefront measuring method based on the windowed Fourier
transform method is described in a second embodiment.

The configuration of the second embodiment is the same as
that of the first embodiment except for a calculation method
executed by a computer.

As in the first embodiment, a computer in the second
embodiment derives the wavefront information by computing
virtual periodic patterns from both the first periodic pattern
detected by the detector 160 and the second periodic pattern
having a phase difference with respect to the first periodic
pattern, and by analyzing the virtual periodic patterns. How-
ever, the second embodiment differs from the first embodi-
ment in a method of computing the virtual periodic patterns
and in an analytical method of computing the wavefront infor-
mation from the virtual periodic patterns. Furthermore, as in
the first embodiment, the first periodic pattern and the second
periodic pattern are each a periodic pattern of a moiré that is
formed by light having transmitted through the shield grating
150. In the second embodiment, the moiré of'the first periodic
pattern is denoted by 1, and the moiré of the second periodic
pattern is denoted by 1.

In this embodiment, the wavefront information is derived
from I5 and I expressed by the following formulae (12):

Is(x.y)=a(xy)+b(x.y)cos [0x+¢(x.)]

Is(x,y)=a(x.y)+b(x,y)cos [0 (x+0)+¢(x,.)] (12)

where w, o is a phase difference between 15 and I, and o is an
integer other than 0.

A virtual moiré I(x, y) is computed by combining the
moirés I5(x, y) and I4(x, y) with each other. The virtual moiré
computed by combining the moirés is also referred to as a
“composite moiré (composite periodic moiré”) hereinafter.
When the information of the specimen at a pixel (x,, ¥,) is to
be obtained, I(x, y) is expressed, for example, by the follow-
ing formula (13):
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I5(x, y), forxsx0+[P;w] (13
Ix,y) = o
Isx—a, y), forx2x0+[ 5 ]+1

where [A] is a floor function and it indicates a maximum
integer equal to or less than A (e.g., [2.5]=2, and [2]=2).
Further, P represents a moiré period in units of pixel size.
When P-a is an even number, the following formula (14)
may be used:

bl

Q

] (14)

forx5x0+[ -1

Is(x, y),
I(x, y) =
Is(x—a,y), forx=xp+ [

[}

)

~
Q

A differential phase image is obtained from the computed
1(x, y) in accordance with the formulae (5).

While various window functions may be optionally used as
the window function, a Gauss function is used in this embodi-
ment. In this embodiment, the information of the specimen is
derived from the Fourier coefficients after locally cutting out
the moiré with the window function. However, the informa-
tion of the specimen may be obtained by taking the Fourier
transform of the moiré, cutting out peaks of a Fourier spec-
trum, and taking the inverse Fourier transform to cancel a tilt
attributable to the moiré. Such a process is expressed by the
following formula (15):

a(ryy=F - ISEMXGEM))
ctxy)=expl-iox/x T - ISExGE-0,m)]

*y)=expliox/x F - ISEMxGE+ro,m)] (15

where G(C, 1) is a window function, IS(C, n) is a Fourier
spectrum of the moiré I(x, y), £ and n are each a spatial
frequency. F~! represents the inverse Fourier transform.

FIG. 3 is a conceptual view illustrating the analytical
method executed by the computer in this embodiment. FIG. 3
illustrates the concept of computing I(x, y) by using Is(x, y)
and I(x, y), as described above. While a=2 and P=4 are held
and P-a is an even number, the formula (13) is used in FIG.
3.

To explain the analytical method used in this embodiment
in another way, a pixel where the X-ray intensity at (X, y) is
detected is defined as a first pixel, and a pixel where the X-ray
intensity at (x,—1, y) is detected is defined as a second pixel.
In this embodiment, a detection result (I5(x,, y)) of the first
pixel at the time of detecting L5 is given as a detection result
(I(Xy, y)) of the first pixel at the time of detecting 1, and a
detection result (I5(Xx,—1, y)) of the second pixel at the time of
detecting I is given as a detection result (I(x,-1, y)) of the
second pixel at the time of detecting I. Further, a detection
result (I4(X,, y)) of the first pixel at the time of detecting I is
given as a detection result (I(x,+P-a, y)) of a pixel, which is
neither the first pixel nor the second pixel, at the time of
detecting 1. In such a manner, the composite moiré I is com-
puted by using I and I,. Moreover, the wavefront information
of the X-ray at one position (X,, y) is computed by using the
composite moiré I and the Fourier transform. Thus, the infor-
mation of the specimen is obtained.

Stated another way, in this embodiment, the detection
result ofthe first pixel at the time of detecting the first periodic
pattern, the detection result of the second pixel at the time of
detecting the first periodic pattern, and the detection result of
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the first pixel at the time of detecting the second periodic
pattern are regarded as being originated from one periodic
pattern (i.e., a composite periodic pattern). The information
of the specimen is then derived by taking the Fourier trans-
form of the composite periodic pattern.

The X-ray entering the first pixel at the time of detecting I
and the X-ray entering the first pixel at the time of detecting
I are the X-rays that have transmitted through the specimen
at (substantially) the same position. Therefore, the informa-
tion of the specimen given by the X-ray entering the first pixel
atthe time of detecting I and the information of the specimen
given by the X-ray entering the first pixel at the time of
detecting I, are (substantially) the same.

On the other hand, a generally employed window function
has larger amplitude at a position closer to a center. Accord-
ingly, in trying to derive the wavefront information of the
X-ray (light) entering (X, ¥), a more accurate value is calcu-
lated when the detection result of the first pixel at the time of
detecting I, and the detection result of the first pixel at the
time of detecting I are positioned closer to a center of the
window function of the composite array 1.

From that point of view, the detection result of the first
pixel at the time of detecting 15 and the detection result of the
first pixel at the time of detecting I are to be positioned close
to each other. Because the distance between the detection
result of the first pixel at the time of detecting I, and the
detection result of the first pixel at the time of detecting I
within the composite moiré (i.e., the composite period pat-
tern) is P-q, it is beneficial that P-a is smaller. More specifi-
cally, P-a is to be 3 or less.

When P-a.is 3 or less, the detection result of the first pixel
at the time of detecting 15 and the detection result of the first
pixel at the time of detecting I are positioned within three
pixels in the composite moiré 1.

When P-a is 1, the detection results of the first pixel are
adjacent to each other in the composite moiré 1.

In this specification, the information of the specimen
implies information obtained from the wavefront information
of'the X-ray (light) having transmitted through the specimen,
e.g., information regarding absorption, scattering, and phase
of the specimen. The wavefront information of the X-ray
(light) at each of plural positions is derived by computing the
wavefront information of the X-ray per the X-ray entering
each pixel. Further, an absorption image, a scattering image,
a differential phase image, and a phase image of the specimen
are obtained by deriving plural pieces of information of the
specimen from the wavefront information for each of plural
positions, and mapping the derived information.

EXAMPLE 1

Example 1 will be described below in connection with a
practical example in which a differential phase image in one
direction is obtained with a simulation from a moiré having a
period in one direction (i.e., a one-dimensional moiré) by
using the wavefront measuring apparatus described in the first
embodiment.

As in the first embodiment, the wavefront measuring appa-
ratus used in EXAMPLE 1 is the wavefront measuring appa-
ratus illustrated in FIG. 1. Details of the wavefront measuring
apparatus are described below.

InEXAMPLE 1, a focal point of the X-ray source 110 is set
to a size of 100 um, and energy of the X-ray emitted from the
X-ray source 110 is setto 17.5 keV.

FIG. 4 is a schematic view of the source grating 120 used in
EXAMPLE 1. The source grating 120 used in EXAMPLE 1
is a two-dimensional grating in which a transmitting portion
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121 and a shielding portion 122 are two-dimensionally
arrayed. A grating period is set to 40 um, and a width of each
transmitting portion 121 is set to 5 pm.

FIG. 5A is a schematic view of a diffraction grating used in
EXAMPLE 1. The diffraction grating used in EXAMPLE 1 is
a one-dimensional phase grating 140q having a phase refer-
ence portion 141a and a phase shift portion 142a, which are
arrayed at a period of 8 um. The phase grating 1404 is con-
structed such that a phase difference between an X-ray having
transmitted through the phase reference portion 141a and an
X-ray having transmitted through the phase shift portion
142a is = That type of grating is called a mt-grating.

FIG. 6A is a schematic view of a shield grating 150a used
in EXAMPLE 1. The shield grating 150a used in EXAMPLE
1 has a shielding portion 151a and a transmitting portion
152a, which are arrayed at a period of 4.58 um. The shield
grating 150qa is arranged such that a distance between the
phase grating 140a and the shield grating 1504 is %10 of a
distance between the source grating 120 and the phase grating
140a.

In the detector 160, pixels each having a size of 8x8 pm?*
and detecting the intensity of the X-ray are two-dimension-
ally arrayed to detect the X-ray from the shield grating 150a.
A moiré formed by the phase grating 140a and the shield
grating 1504 has a period of 32 um on the detector 160, and
four pixels of the detector 160 correspond to one period of the
moiré.

A specimen is prepared as four fibers each having a diam-
eter of 250 pm and a complex refractive index of 6.70x107%-
ix9.07x107'",

An analytical method executed in EXAMPLE 1 by the
computer is described below.

For convenience of explanation, a differential phase image
of the specimen is obtained from two moirés I, and I, that are
expressed by the following formulae (16):

1 (16)
Ii(x, y)=alx, y) + b(x, y)cos[ZﬂZx + ¢(x, y)]

1 2
(0. ) = ax. y) + bix, y)oos| 25+ p(x, )+ 215

Given that m and n in the formula (7) are each +1, virtual
moirés I and 1, are expressed by the following formulae (17)
on the basis of the formula (16):

Lx,y)=hL{x+1,y) (17

=alx+1,y)+bx+1, y)cos[Zﬂ%(x+ D+ex+1, y)]

~ a(x, y) + b(x, y)cos[Zﬂ%(x + 1)+ (x, y)]

L&, y)=hkx+1.y)

1 2
=alx+ 1, y)+bx+1, y)cos[ZﬂZ(x+ D+ex+1,y +27TZ]

~ a(x, y) + b(x, y)cos[Zn%(x + D+ elx, y)+ Zné]

The differential phase image of the specimen is obtained by
substituting the formulae (16) and (17) in the formula (11).
FIG. 7A illustrates the differential phase image of the speci-
men obtained in EXAMPLE 1, and FIG. 7B illustrates a line
profile of the differential phase image illustrated in FIG. 7A.
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Comparative Example 1

COMPARATIVE EXAMPLE 1 will be described below in
connection with an example in which a differential phase
image of a specimen is obtained by using the phase shifting
method.

A simulation is performed by using the same specimen as
in EXAMPLE 1 on condition that a wavefront measuring
apparatus used in COMPARATIVE EXAMPLE 1 is the same
as in EXAMPLE 1 except for a computer.

An analytical method executed by the computer in COM-
PARATIVE EXAMPLE 1 is described below.

In COMPARATIVE EXAMPLE 1, the differential phase
image is obtained from four moirés, which are expressed by
the following formulae (18), and the formula (3):

1 (13)
L(x, y)=alx, y)+ b(x, y)cos[Zan + @(x, y)]

1 1
Is(x, y) = a(x, y) + b(x, y)cos[Zan +o(x, ¥) + an]

1 2
Iy(x, y) = a(x, y) + b(x, y)cos[Zan +o(x, ¥) + an]

1 3
ol ) = atx, )+ b, )eos| 23 + ¢t )+ 215 |

FIG. 20A illustrates the differential phase image of the
specimen obtained in COMPARATIVE EXAMPLE 1, and
FIG. 20B illustrates a line profile of the differential phase
image illustrated in FIG. 20A.

While the information of the specimen is obtained in
COMPARATIVE EXAMPLE 1 from four moirés indepen-
dently for each pixel, the information of the specimen is
obtained in EXAMPLE 1 from two moirés by using the
detection result of each pixel and another pixel adjacent to the
relevant pixel. Thus, while the phase shifting method employs
at least three moirés, the information of the specimen is
obtained from two moirés in EXAMPLE 1.

Comparative Example 2

COMPARATIVE EXAMPLE 2 will be described below in
connection with an example in which a differential phase
image of a specimen is obtained by using the windowed
Fourier transform method.

A simulation is performed by using the same specimen as
in EXAMPLE 1 on condition that a wavefront measuring
apparatus used in COMPARATIVE EXAMPLE 2 is also the
same as in EXAMPLE 1 except for a computer.

An analytical method executed by the computer in COM-
PARATIVE EXAMPLE 2 is described below.

In COMPARATIVE EXAMPLE 2, 1, which is expressed
as one of the formulae (18), and the formulae (5) are used.
Further, a Gauss function is used as the window function.
Because spectra of a(x, y), c(X, y) and c*(x, y) expressed by
the formulae (5) are overlapped with each other in a wave-
number space, those spectra are processed to be separated
from one another.

FIG. 21A illustrates the differential phase image obtained
in COMPARATIVE EXAMPLE 2, and FIG. 21B illustrates a
line profile of the differential phase image illustrated in FIG.
21A. Comparing FIGS. 7A and 7B (EXAMPLE 1) and FIGS.
21A and 21B (COMPARATIVE EXAMPLE 2) with FIGS.
20A and 20B (COMPARATIVE EXAMPLE 1), the differen-
tial phase image closer to that in COMPARATIVE
EXAMPLE 1 is obtained in EXAMPLE 1 than in COM-
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PARATIVE EXAMPLE 2. It is hence considered that the
differential phase image of the specimen obtained in
EXAMPLE 1 is closer to the exact one than that obtained in
COMPARATIVE EXAMPLE 2.

EXAMPLE 2

EXAMPLE 2 will be described below in connection with a
practical example in which a differential phase image in an
x-direction and a differential phase image in a y-direction are
obtained with a simulation from a moiré (two-dimensional
moiré) having periods in two directions, i.e., the x-direction
and the y-direction, by using the wavefront measuring appa-
ratus described in the first embodiment. When the differential
phase image in the x-direction and the differential phase
image in the y-direction are computed from the two-dimen-
sional moiré, computations may also be executed for the two
directions in a similar manner to the case of the one-dimen-
sional moiré. Hence duplication descriptions of similar points
to those in EXAMPLE 1 are omitted.

An X-ray source 110, a source grating 120, and a detector
160, used in EXAMPLE 2, are the same as those used in
EXAMPLE 1.

FIG. 5B is a schematic view of a diffraction grating used in
EXAMPLE 2. The diffraction grating used in EXAMPLE 2 is
a two-dimensional phase grating 1405 having a phase refer-
ence portion 1415 and a phase shift portion 1425, which are
two-dimensionally arrayed at a period of 8 um. As in
EXAMPLE 1, the phase grating 14056 is a wt-grating.

FIG. 6B is a schematic view of a shield grating 1505 used
in EXAMPLE 2. The shield grating 15056 used in EXAMPLE
2 has a shielding portion 1516 and a transmitting portion
152b, which are two-dimensionally arrayed at a period of
4.58 um. Further, as in EXAMPLE 1, the shield grating 1505
is arranged such that a distance between the phase grating
1405 and the shield grating 1505 is Y10 of a distance between
the source grating 120 and the phase grating 1405.

A specimen is a sphere having a diameter of 800 um and a
complex refractive index of 7.77x107%-1x9.42x107**,

In EXAMPLE 2, the differential phase image in the x-di-
rection is obtained by employing a reference moiré (first
photoperiod pattern) and a moiré (second photoperiod pat-
tern) having a phase shifted by = in the x-direction from the
reference moiré. Further, the differential phase image in the
y-direction is obtained by employing the reference moiré
(first photoperiod pattern) and a moiré (third photoperiod
pattern) having a phase shifted by = in the y-direction from
the reference moiré. In other words, the differential phase
images in the x-direction and the y-direction are obtained
from three moirés in total. Here, as a matter of course, a phase
shift direction (x-direction) of the second photoperiod pattern
with respect to the first photoperiod pattern is perpendicular
to a phase shift direction (y-direction) of the third photope-
riod pattern with respect to the first photoperiod pattern. A
manner of computing the differential phase image in each of
the x-direction and the y-direction is described in brief below
although it is similar to that in EXAMPLE 1.

To explain an analytical method used in EXAMPLE 2, a
pixel where the X-ray intensity at (X, y) is detected is defined
as a first pixel, a pixel where the X-ray intensity at (x-m, y) is
detected is defined as a second pixel, and a pixel where the
X-ray intensity at (x, y—q) is detected is defined as a third
pixel.

In EXAMPLE 2, the differential phase image in the x-di-
rection is computed by using detection results of the first pixel
and the second pixel at the time of detecting the first photo-
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period pattern and detection results of the first pixel and the
second pixel at the time of detecting the second photoperiod
pattern.

Further, the differential phase image in the y-direction is
computed by using detection results of the first pixel and the
third pixel at the time of detecting the first photoperiod pattern
and detection results of the first pixel and the third pixel at the
time of detecting the third photoperiod pattern.

FIG. 8A illustrates the differential phase image in the x-di-
rection, which is obtained by using the first photoperiod pat-
tern and the second photoperiod pattern. FIG. 8B illustrates
the differential phase image in the y-direction, which is
obtained by using the first photoperiod pattern and the third
photoperiod pattern. Thus, in EXAMPLE 3, the two-dimen-
sional differential phase image is obtained from three moirés.

Comparative Example 3

COMPARATIVE EXAMPLE 3 will be described below in
connection with an example in which a two-dimensional
differential phase image of a specimen is obtained by using
the phase shifting method.

A simulation is performed by using the same specimen as
in EXAMPLE 2 on condition that a wavefront measuring
apparatus used in COMPARATIVE EXAMPLE 3 is the same
as in EXAMPLE 2 except for a computer.

An analytical method executed by the computer in COM-
PARATIVE EXAMPLE 3 is described below.

In COMPARATIVE EXAMPLE 3, the differential phase
image in the x-direction is obtained from four moirés, of
which phases are shifted in units of 0.5z in the x-direction, by
using the formula (3). Similarly, the differential phase image
in the y-direction is obtained from four moirés, of which
phases are shifted in units of 0.5x in the y-direction, by using
the formula (3). Thus, the two-dimensional differential phase
image is obtained from seven moirés in total.

FIGS. 22A and 22B illustrate the differential phase images
in the x-direction and the y-direction, respectively, which are
obtained in COMPARATIVE EXAMPLE 3. It is to be noted
that five or more moirés are used when the two-dimensional
differential phase image is obtained by using the phase shift-
ing method.

Comparative Example 4

COMPARATIVE EXAMPLE 4 will be described below in
connection with an example in which a two-dimensional
differential phase image of a specimen is obtained by using
the windowed Fourier transform method. A simulation is also
performed by using the same specimen as in EXAMPLE 2 on
condition that a wavefront measuring apparatus used in
COMPARATIVE EXAMPLE 4 is the same as in EXAMPLE
2 except for a computer.

An analytical method executed by the computer in COM-
PARATIVE EXAMPLE 4 is described below.

In COMPARATIVE EXAMPLE 4, the differential phase
images in the x-direction and the y-direction are obtained
from one moiré by using the formulae (5). Further, a Gauss
function is used as the window function. Because spectra of
a(x,y), c(x, y) and c*(x, y) are overlapped with each other in
a wavenumber space, those spectra are processed to be sepa-
rated from one another.

FIGS. 23A and 23B illustrate the differential phase images
in the x-direction and the y-direction, respectively, which are
obtained in COMPARATIVE EXAMPLE 4.

FIGS. 9A and 9B illustrate line profiles formed by using
the differential phase images of the specimen in the x-direc-
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tion, which are obtained in EXAMPLE 2 and COMPARA-
TIVE EXAMPLES 3 and 4. FIG. 9A illustrates line profiles
of a left end of the specimen, and FIG. 9B illustrates line
profiles of a right end of the specimen. Among three lines in
each of FIGS. 9A and 9B, a solid line represents the line
profile of the differential phase image obtained in EXAMPLE
2, a dotted line represents the line profile of the differential
phase image obtained in COMPARATIVE EXAMPLE 3, and
a one-dot-chain line represents the line profile of the difter-
ential phase image obtained in COMPARATIVE EXAMPLE
4. As seen from FIGS. 9A and 9B, the result obtained in
EXAMPLE 2 is closer to the result obtained in COMPARA-
TIVE EXAMPLE 3 than in COMPARATIVE EXAMPLE 4.
It is hence considered that a more accurate differential phase
image is obtained in EXAMPLE 2 than in COMPARATIVE
EXAMPLE 4.

EXAMPLE 3

EXAMPLE 3 will be described below in connection with a
practical example in which a one-dimensional differential
phase image (i.e., an image resulting from differentiating a
phase image in one direction) is obtained with a simulation
from a moiré having a period in one direction (i.e., a one-
dimensional moiré) by using a wavefront measuring appara-
tus that executes the analytical method described in the sec-
ond embodiment.

The wavefront measuring apparatus used in EXAMPLE 3
is the same as in EXAMPLE 1 except for a computer, and a
specimen used in EXAMPLE 3 is also the same as in
EXAMPLE 1.

A method of analyzing a moiré by the computer in
EXAMPLE 3 is described below.

In EXAMPLE 3, a differential phase image of a specimen
is obtained from a reference moiré I and a moiré I having a
phase shifted by 0.5z with respect to the reference moiré L.
The following formulae (19) are obtained by substituting a
moiré period P=4, which is in units of pixel size of the detec-
tor, and =1 in the formulae (13).

I5(x, y), forx<xo+1 (19

Isx—1,y), forx=xo+2

1(x, y)={

The differential phase image is obtained by analyzing the
moiré, expressed by the formulae (19), in accordance with the
formula (5). FIGS. 10A and 10B illustrate respectively the
differential phase image and a line profile of the specimen,
which are obtained in EXAMPLE 3. Comparing FIGS. 10A
and 10B (EXAMPLE 3) and FIGS. 21A and 21B (COM-
PARATIVE EXAMPLE 2) with FIGS. 20A and 20B (COM-
PARATIVE EXAMPLE 1), the result closer to that in COM-
PARATIVEEXAMPLE 1 is obtained in EXAMPLE 3 than in
COMPARATIVE EXAMPLE 2. It is hence considered that
the differential phase image obtained in EXAMPLE 3 is
closer to the exact one than that obtained in COMPARATIVE
EXAMPLE 2.

EXAMPLE 4

EXAMPLE 4 will be described below in connection with a
practical example in which a differential phase image in the
x-direction and a differential phase image in the y-direction
are obtained with a simulation from a two-dimensional moiré
by using a wavefront measuring apparatus that executes the
analytical method described in the second embodiment.
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The wavefront measuring apparatus used in EXAMPLE 4
is the same as in EXAMPLE 2 except for a computer, and a
specimen used in EXAMPLE 4 is also the same as in
EXAMPLE 2.

A method of analyzing a moiré by the computer in
EXAMPLE 4 is described below.

In EXAMPLE 4, the differential phase image in the x-di-
rection is obtained from a reference moiré and a moiré having
aphase shifted by 0.25m in the x-direction with respect to the
reference moiré by using the formulae (13) and (5). Similarly,
the differential phase image in the y-direction is obtained
from a reference moiré and a moiré having a phase shifted by
0.25m in the y-direction with respect to the reference moiré by
using the formulae (13) and (5). Additionally, P=4 and a=1
are set.

Thus, in EXAMPLE 4, the differential phase images of the
specimen in the x-direction and the y-direction are obtained
from three moirés in total.

FIG. 11A illustrates the differential phase image in the
x-direction obtained in EXAMPLE 4, and FIG. 11B illus-
trates the differential phase image in the y-direction obtained
in EXAMPLE 4. Further, line profiles are formed by using the
differential phase images of the specimen in the x-direction,
which are obtained in EXAMPLE 4 and COMPARATIVE
EXAMPLES 3 and 4. FIG. 12A illustrates line profiles of a
left end of the specimen, and FIG. 12B illustrates line profiles
of a right end of the specimen. Among three lines in each of
FIGS. 12A and 12B, a solid line represents the line profile of
the differential phase image obtained in EXAMPLE 4, a
dotted line represents the line profile of the differential phase
image obtained in COMPARATIVE EXAMPLE 3, and a
one-dot-chain line represents the line profile of the differen-
tial phase image obtained in COMPARATIVE EXAMPLE 4.
As seen from FIGS. 12A and 12B, the result obtained in
EXAMPLE 4 is closer to the result obtained in COMPARA-
TIVE EXAMPLE 3 than in COMPARATIVE EXAMPLE 4.
It is hence considered that a more accurate differential phase
image is obtained in EXAMPLE 4 than in COMPARATIVE
EXAMPLE 4.

While the foregoing description has been made in connec-
tion with the case where the present disclosure is applied to an
interferometer carrying out a differential interference
method, application fields of the present disclosure are not
limited to the interferometer carrying out the differential
interference method. The present disclosure may also be
applied to not only an interferometer carrying out an interfer-
ence method (other than the differential one), but also to a
wavefront measuring apparatus not utilizing interference.

EXAMPLE 5

EXAMPLE 5 will be briefly described below by referring
to FIG. 13 in connection with the case where the present
disclosure is applied to a wavefront measuring apparatus,
which is described in PCT Japanese Translation Patent Pub-
lication No. 2010-502977, as an example of the wavefront
measuring apparatus not utilizing interference.

In a wavefront measuring apparatus 1000 of FIG. 13, infor-
mation regarding a phase of a specimen is obtained by deliv-
ering an X-ray to a specimen, detecting and analyzing an
amount by which the X-ray is refracted by the specimen, and
deriving wavefront information.

The wavefront measuring apparatus 1000 illustrated in
FIG. 13 includes an X-ray source 1101, a division element
1103 for dividing a divergent X-ray 1102 emitted from the
X-ray source 1101 to form plural X-ray beams 1105, and a
detector 1106 for detecting the X-ray beams 1105. The wave-
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front measuring apparatus 1000 further includes a computer
1107 as an arithmetic unit for executing calculations based on
a detection result of a periodic pattern by the detector 1106,
and an actuator 1108 that serves as a moving unit to move the
division element 1103. A specimen 1104 may be positioned
between the division element 1103 and the detector 1106, as
illustrated in FIG. 13. Alternatively, the specimen 1104 may
be positioned between the X-ray source 1101 and the division
element 1103.

In the wavefront measuring apparatus 1000 illustrated in
FIG. 13, a periodic pattern corresponding to a difference of
the X-ray intensity is formed on the detector 1106 because the
emitted X-ray 1102 is divided by the division element 1103.
Further, a phase of the periodic pattern is shifted because the
division element 1103 is moved by the actuator 1108. It is,
therefore, possible to detect a first periodic pattern by the
detector 1106, and then to obtain a second periodic pattern by
performing the detection again after moving the division ele-
ment 1103 with the actuator 1108. A method of deriving
wavefront information by using the first periodic pattern and
the second periodic pattern is similar to the above-described
method of deriving the wavefront information by using the
first periodic pattern and the second periodic pattern, which
are obtained with the shearing interferometer. Hence descrip-
tion of the method of deriving the wavefront information is
omitted.

EXAMPLE 6

EXAMPLE 6 will be described below in connection with
an example of an X-ray computed tomography apparatus
(X-ray CT apparatus) in which a tomographic image is
obtained from projection images taken of a specimen from
all-around directions. The X-ray CT apparatus of EXAMPLE
6 is also one type of wavefront measuring apparatus. In
EXAMPLE 6, a tomographic phase image is obtained by
using, as a projection phase image, the differential phase
image obtained with the wavefront measuring method that is
executed in the wavefront measuring apparatus of the first
embodiment.

FIG. 15 illustrates a wavefront measuring apparatus 101 of
EXAMPLE 6. The wavefront measuring apparatus 101
includes, as a light source, an X-ray source 1110 emitting a
parallel X-ray (parallel light), but it does not include a source
grating. The wavefront measuring apparatus 101 further
includes a table 1210 on which a specimen 1130 is placed,
and an actuator 1220 for moving the table 1210. Moreover,
the wavefront measuring apparatus 101 differs from the
wavefront measuring apparatus 1, illustrated in FIG. 1, in that
information of a tomographic image is derived by a computer
1170, which executes calculations based on detection results
by a detector 160.

On the other hand, the wavefront measuring apparatus 101
is similar to the wavefront measuring apparatus 1, illustrated
in FIG. 1, in that an interference pattern is formed by a phase
grating 140, that a shield grating 150 is arranged at a position
where the interference pattern is formed, thereby forming a
moiré, and that the moiré is detected by the detector 160.

While the wavefront measuring apparatus 101 is con-
structed such that the specimen is rotated by a combination of
the table 1210 and the actuator 1220 for rotating the table
1210, the wavefront measuring apparatus 101 may be rotated
instead of rotating the specimen. Plural projection images are
obtained by taking images of a wavefront, which has been
modulated in phase by the specimen, at plural projection
angles, and a tomographic image of the specimen is obtained
from the plural projection images.
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FIGS. 16A to 16D illustrate the specimen 1130 used in
EXAMPLE 6. FIG. 16A is a sectional view of the specimen
cut along a yz-plane, and FIG. 16B is a sectional view of the
specimen cut along an xz-plane. FIG. 16C is a sectional view
of the specimen cut along an xy-plane, and FIG. 16D is a
perspective view of the specimen. In EXAMPLE 6, the speci-
men is rotated through 180 degrees in units of 1.40625
degrees, and images of the specimen are taken from 128
directions. At each projection angle, a reference moiré and a
moiré, which has a phase shifted by = in an X-direction
(defined as a direction perpendicular to both the rotation axis
of the specimen and the projection direction) with respect to
the reference moiré, are detected. FIG. 17A illustrates the
concept of detecting the moirés at each projection angle. In
FIG. 17A, the horizontal axis represents a projection angle,
and the vertical axis represents a phase difference in the
X-direction with respect to the reference moiré. The moiré is
detected at each of positions of the projection angle and the
phase difference, which are indicated by black circles (@) in
FIG. 17A, while the moiré is not detected at each of positions
of the projection angle and the phase difference, which are
indicated by white circles (O) in FIG. 17A. However, the
positions of the projection angle and the phase difference at
each of which the moiré is to be detected are not limited to
those ones illustrated in FIG. 17A. As another example, the
moiré may be detected at positions indicated by black circles
in FIG. 17C. In other words, when the tomographic phase
image is obtained from the differential phase image as in
EXAMPLE 6, the phase differences of the detected moirés
with respect to the reference moiré may be not the same at all
the projection angles because it is just enough that the differ-
ential phase image of the specimen is obtained at each pro-
jection angle.

A projection differential phase image in the X-direction at
each projection angle is obtained from the detected moirés in
a similar method to that used in obtaining the differential
phase image in EXAMPLE 1. More specifically, projection
differential phase images in 128 directions are obtained from
256 moirés. Further, the tomographic phase image of the
specimen is obtained from the projection differential phase
images in those 128 directions. A method of obtaining the
tomographic phase image from the projection differential
phase images is described below.

In EXAMPLE 6, a Filtered Back Projection (FBP) method
is used as an image reconstruction method for obtaining the
tomographic phase image from the differential phase images.
Because the FBP method is widely known as one of image
reconstruction methods, outline of the FBP method is
described below. It is, however, to be noted that the method of
obtaining the tomographic phase image from the differential
phase images is not limited to the FBP method and various
image reconstruction methods may be optionally used.

Generally speaking, the image reconstruction method is a
technique of obtaining a distribution of a two- or three-di-
mensional physical value of an object from projection images
taken of the object from all-around directions. In other words,
the ordinary image reconstruction method is a technique of
obtaining a three-dimensional distribution f(x, y, z) of a
physical value of a specimen from a projection [f(x, v, z)ds (ds
is a line element along the projection direction) of the speci-
men. While only the image reconstruction method for obtain-
ing a distribution of a physical value in each cross-section
(i.e., aplane defined by each projection direction) of an object
is discussed in EXAMPLE 6, the present disclosure is not
limited to such an application field.

The FBP method of obtaining a distribution (also called a
tomographic image) f(X, y) of a physical value of an object in
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each cross-section from projection images is described in
more detail. Definition of an x-axis and a y-axis is described
with reference to FIG. 14A. As illustrated in FIG. 14A, the
x-axis and the y-axis are defined in a plane containing the
projection direction that is denoted by an arrow. Although a
z-axis is defined perpendicularly to both the x-axis and the
y-axis, the z-axis is not illustrated for simplicity. It is to be
noted that the definition of the axes in EXAMPLE 6 differs
from that in the above-described EXAMPLE 5 and others. As
illustrated in FIG. 14A, a coordinate system obtained by
rotating an x-y coordinate system by 6 is defined as an X-Y
coordinate system. FIG. 14B illustrates a frequency space
resulting from transforming a space (real space) illustrated in
FIG. 14A. A coordinate system of the (spatial) frequency
space corresponding to the x-y coordinate system is defined
as a u-v coordinate system.

First, a projection image p(X, 0) is defined by the following
formula (20):

PO AX DAY

Next, a two-dimensional Fourier spectrum F(u, v) of (X, y)
is considered. The spectrum F(u, v) is expressed by the fol-
lowing formula (21):

0)

Fluv)=f o "f_o A, p)exp[~i(r+vy)]dxdy

Based on polar coordinate representation (p, 6), the for-
mula (21) is rewritten into:

eay)

Flu,v)= fmff(X, Y)exp[-ipX]dXdY @2

= fmp(X, Oexp[-ipX1d X

=FoolpX, 0)]

where F,,[a] denotes Fourier transform of a in the X-direc-
tion. Furthermore, the following relationship is employed:

u cost (23)
(7)-A )

v sinf

X _ cosf sinf \( x
(Y]_(—sinO cosO](y]

The formula (22) implies that a spectrum obtained with
one-dimensional Fourier transform of p(X, 08) in the X-direc-
tion is equal to a spectrum of spectrum F(u, v) in the O-di-
rection. The formula (22) is known as the projection slice
theorem.

Accordingly, {(x, y) is obtained by taking two-dimensional
inverse Fourier transform of F(u, v), as expressed by the
following formula (24):

SENT " Flpv)expli(px+vy)dpdv

The formula (24) is rewritten to the following formula (25)
by using the formula (22):

P15 F colp(X.0)]plexplipx/dpdo

Thus, it is understood from the formula (25) that the tomo-
graphic image is obtained from the projection image through
the following operations:

(1) Take Fourier transform of each projection image p(X,

4

25

0).
(i1) Multiply a frequency filter |pl by the obtained spectrum
F@p(X, 0)].
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(ii1) Execute back projection by taking inverse Fourier
transform of the filtered spectrum.
Further, the following formula (26) is obtained from the
formula (25).

26)

fx, y)=£fﬁm[ap;§’ 0)](—il:%|)exp[ipX]dpd0

Given that a result obtained by differentiating p(X, 6) with
respect to X is called a projection differential image, it is
understood from the formula (26) that the tomographic image
is obtained from the projection differential image through the
following operations.

(1) Take Fourier transform of each projection differential
image 3p(X, 0)/3x.

(i1) Multiply a frequency filter —ilpl/p by the obtained
spectrum F ,[3p(X, 8)/8X].

(ii1) Execute back projection by taking inverse Fourier
transform of the filtered spectrum.

In addition to the image reconstruction methods expressed
by the formulae (25) and (26), other methods using frequency
filters in different forms are also called the FBP methods and
are commonly known. Those FBP methods using frequency
filters different from the frequency filters in the formulae (25)
and (26) may be further optionally employed in this
EXAMPLE.

The method of obtaining the tomographic image with the
FBP method has been described above. The relationship
between a projection differential phase image 8,(X, 6, z)/X,
which is obtained from the moiré detectable by the Talbot
interferometer, and a tomographic phase image ®(x, y, z) of
the specimen is expressed by the following formula (27) on
the basis of the formula (20):

@n

ap(X,0,z) _f"“ﬁfb(X, Y, Z)d}’
X - A X
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Thus, the tomographic phase image ®(x, y, z) is obtained
from the projection differential phase image by using the
formula (26). Alternatively, the tomographic phase image
(%, y, Z) may be obtained from the formula (25) after inte-
grating individual projection differential phase images and
obtaining the projection differential phase images. FIG. 17B
illustrates the tomographic phase image of the specimen
obtained in EXAMPLE 6.

As is apparent from the above description, the process of
obtaining the projection image with the periodic pattern and
the process of obtaining the tomographic image from the
projection image are independently of each other. Accord-
ingly, the image reconstruction method of obtaining the
tomographic image from the projection image is not limited
to the FBP method, and various image reconstruction meth-
ods may be optionally used in combination with the present
disclosure.

Moreover, as described above, an absorption image and a
scattering image ofthe specimen are further obtained with the
Talbot interferometer (or the Talbot-Lau interferometer) in
addition to the differential phase image. Here, the absorption
image and the scattering image thus obtained are called
respectively a projection absorption image and a projection
scattering image, and tomographic images corresponding to
absorption and scattering are called respectively a tomo-
graphic absorption image and a tomographic scattering
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image. The tomographic absorption image and the tomo-
graphic scattering image are obtained respectively from the
projection absorption image and the projection scattering
image by using the formula (25) in a similar manner to that
used for obtaining the tomographic phase image from the
projection differential phase image.

Comparative Example 5

COMPARATIVE EXAMPLE 5 will be described below in
connection with an example in which a tomographic phase
image is obtained from projection differential phase images
of a specimen, which are obtained with the phase shifting
method. Also in COMPARATIVE EXAMPLE 5, the speci-
men is rotated through 180 degrees in units of 1.40625
degrees, and images of the specimen are taken from 128
directions. COMPARATIVE EXAMPLE 5 differs from
EXAMPLE 6 in detecting four moirés in total, i.e., areference
moiré and moirés having phases shifted respectively by /2, &t
and 37/2 in the X-direction with respect to the reference
moiré, at each projection angle. FIG. 24A illustrates the con-
cept of setting the position where the moiré is detected at each
projection angle. The projection differential phase image in
the X-direction at each projection angle is obtained from the
detected moirés in a similar manner to that used for obtaining
the projection differential phase image in COMPARATIVE
EXAMPLE 1. More specifically, projection differential
phase images in 128 directions are obtained from 512 moirés.
The tomographic phase image of the specimen is obtained
from the projection differential phase images in 128 direc-
tions in accordance with the formula (26). FIG. 24B illus-
trates the tomographic phase image of the specimen obtained
in COMPARATIVE EXAMPLE 5.

Comparative Example 6

COMPARATIVE EXAMPLE 6 will be described below in
connection with an example in which a tomographic phase
image is obtained from projection differential phase images
of'a specimen, which are obtained with the windowed Fourier
method. Also in COMPARATIVE EXAMPLE 6, the speci-
men is rotated through 180 degrees in units of 1.40625
degrees, and images of the specimen are taken from 128
directions. However, one moiré is detected at each projection
angle. FIG. 24C illustrates the concept of setting the position
where the moiré is detected. The projection differential phase
image in the X-direction at each projection image is obtained
from the detected moiré in a similar manner to that used for
obtaining the projection differential phase image in COM-
PARATIVE EXAMPLE 2. More specifically, projection dif-
ferential phase images in 128 directions are obtained from
128 moirés. The tomographic phase image of the specimen is
obtained from the projection differential phase images in 128
directions in accordance with the formula (26). FIG. 24D
illustrates the tomographic phase image of the specimen
obtained in COMPARATIVE EXAMPLE 6.

FIG. 18 illustrate line profiles in respective portions, which
are denoted by dots in FIGS. 17B, 24B and 24D, for com-
parison of spatial resolution among the tomographic phase
images obtained in EXAMPLE 6, COMPARATIVE
EXAMPLE 5, and COMPARATIVE EXAMPLE 6. In FIG.
18, a dotted line represents the line profile of the tomographic
phase image obtained in EXAMPLE 6, and a broken line
represents the line profile of the tomographic phase image
obtained in COMPARATIVE EXAMPLE 5. A one-dot-chain
line represents the line profile of the tomographic phase
image obtained in COMPARATIVE EXAMPLE 5, and a
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solid line represents the line profile of a true tomographic
phase image of the specimen. As seen from those line profiles,
the tomographic phase image more closely approaching to
the true tomographic phase image is obtained in successive
order of COMPARATIVE EXAMPLE 6, EXAMPLE 6, and
COMPARATIVE EXAMPLE 5. Thus, the spatial resolution
is improved in that order.

EXAMPLE 7

EXAMPLE 7 will be described below in connection with
an example in which moirés are detected by a method differ-
ent from that used in EXAMPLE 6, projection differential
phase images are obtained from the those moirés by using the
analytical method described in the first embodiment, and a
tomographic phase image is obtained from the projection
differential phase images. However, the method of obtaining
the tomographic phase image from the projection differential
phase images is similar to that in EXAMPLE 6. The method
of detecting the moirés in EXAMPLE 7 has solved a problem
with the above-described method of detecting the moirés in
EXAMPLE 6. The method in EXAMPLE 6 has the problem
that, because plural moirés are detected at each projection
angle, the rotation of the specimen is to be stopped at each of
the projection angles. In EXAMPLE 7, one moiré is detected
at each projection angle so that the rotation of the specimen is
not stopped during a series of operations of taking images of
the specimen. Stated another way, the method of detecting the
moirés, described in this EXAMPLE, enables images of the
specimen to be taken to obtain the tomographic image while
the specimen is continuously rotated. FIG. 19A illustrates the
position where the moiré is detected at each projection angle
in this EXAMPLE. Two types of methods of obtaining the
projection differential phase image are described here.

The first method of obtaining the projection differential
phase image is as follows. FIG. 19A is a conceptual illustra-
tion similar to FIG. 17A. The moiré is detected at each of
positions of the projection angle and the phase difference,
which are indicated by black circles (@) in FIG. 19A, while
the moiré is not detected at each of positions of the projection
angle and the phase difference, which are indicated by white
circles (O) in FIG. 19A. As illustrated in FIG. 19A, a first
moiré serving as a reference is first obtained at a first projec-
tion angle 6,. Next, a second moiré is obtained at a second
projection angle 9,, ;. A phase of the second moiré is shifted
by min a direction, which is perpendicular to both the rotation
axis of the specimen and the projection direction, with respect
to the reference moiré. A projection differential phase image
atthe projection angle 6, is obtained from those two moirés by
using the analytical method used in the first embodiment. In
more detail, a third moiré, which is a virtual moiré, is obtained
from the first moiré, and a fourth moiré, which is a virtual
moiré, is obtained from the second moiré. A projection dif-
ferential phase image is obtained at the first projection angle
6, from those four moirés in total. Similarly, a projection
differential phase image at a third projection angle 0,,, is
obtained from moirés that are detected at the third projection
angle 0,,, and a fourth projection angle 6, ;. Projection dif-
ferential phase images are not obtained at the second and
fourth projection angles 0, ; and 8, ;. Thus, the number of the
obtained projection differential phase images is a half that of
the detected moirés. Alternatively, a projection differential
phase image at the second projection angle 0,,; may be
obtained from the moirés detected at the first and second
projection angles 0, and 6,,,, and a projection differential
phase image at the fourth projection angle 0,,; may be
obtained from the moirés detected at the third and fourth
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projection angles 6, , and 0, , ;. While FIG. 19A illustrates the
case where the moirés detected at the first projection angle 6,
and the third projection angle 6,,, have the phase difference
of 0, the phase difference is not always to be 0. As another
example, the moirés may be detected at the projection angles
and the phase differences illustrated in FIG. 19C.

The second method of obtaining the projection differential
phase image is as follows. In the second method, the projec-
tion differential phase images at the second projection angle
0,,, and the fourth projection angle 8, , ; are also obtained. The
projection angles and the phase differences at which the moi-
rés are detected are the same as those illustrated in FIG. 19A.
Further, a manner of obtaining the projection differential
phase image at each of the first projection angle 0, and the
third projection angle 6,,, is also the same as that in the first
method. According to the second method, however, a projec-
tion differential phase image at the second projection angle
0,,, is obtained from the moirés that are detected at the second
projection angle 6, , and the third projection angle 8, ,. Simi-
larly, a projection differential phase image at the fourth pro-
jection angle 8, ; is obtained from the moirés that are detected
at the fourth projection angle 6,, ; and a fifth projection angle
0,,4- A manner of obtaining the projection differential phase
image at the fifth projection angle 6, , is the same as that of
obtaining the projection differential phase image at each of
the first projection angle 6i and the third projection angle 0, ,
in the first method. In the second method, because the pro-
jection differential phase image at the second projection angle
6,,, is obtained, the moiré detected at the second projection
angle 0,,, is to be shifted in phase by m with respect to the
moiré detected at the third projection angle 8, ,. In the second
method, the number of the obtained projection differential
phase images is equal to that of the detected moirés.

The above-described two methods of obtaining the projec-
tion differential phase image are each a method of handling
moirés detected at different projection angles as if those moi-
rés are detected at the same projection angle. Comparing with
the method described in EXAMPLE 6, therefore, distortion
or blur of an image may occur, but EXAMPLE 7 is beneficial
in that, as described above, the rotation of the apparatus is not
stopped during a series of the image taking operations.

A simulation is executed to obtain a tomographic phase
image from the projection differential phase images each of
which has been obtained with the above-described first
method. The wavefront measuring apparatus and the speci-
men both used in this simulation are the same as those used
EXAMPLE 6. Further, as in EXAMPLE 6, the specimen is
rotated through 180 degrees in units of 1.40625 degrees, and
images of the specimen are taken from 128 directions. How-
ever, one moiré is detected at each projection angle, and the
moiré detected at each projection angle has the phase differ-
ence as per described above in this EXAMPLE with reference
to FIG. 19A. FIG. 19B illustrates the tomographic phase
image obtained from the projection differential phase images
in 64 directions, which have been obtained from the moirés
taken in the 128 directions, in accordance with the formula
(26).

Comparative Example 7

COMPARATIVE EXAMPLE 7 will be described below in
connection with an example in which projection differential
phase images are each obtained from moirés, which are
obtained by a method different from that used in COMPARA-
TIVE EXAMPLE 5, by employing the phase shifting
method, and a tomographic image is obtained from the pro-
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jection differential phase images. Two types of methods of
obtaining the projection differential phase image are
described here.

A first method of obtaining the projection differential
phase image is as follows. This first method is described in I.
Zanette, et al., Applied Physics Letters 98, 094101 (2011).
FIG. 25A illustrates a position where a moiré is detected at
each projection angle. As in FIG. 17A, FIG. 25A represents
that the moiré is detected at each of positions of the projection
angle and the phase difference, which are indicated by black
circles (@) in FIG. 25A, while the moiré is not detected at
each of positions of the projection angle and the phase difter-
ence, which are indicated by white circles (O) in FIG. 25A.
In more detail, a first moiré serving as a reference is first
obtained at a first projection angle 6, . Next, a second moiré is
obtained at a second projection angle 0,,,. A phase of the
second moiré is shifted by n/2 in a direction, which is per-
pendicular to the rotation axis ofthe specimen, with respect to
the reference moiré. Next, a third moiré is obtained at a third
projection angle 6, ,. A phase of the third moiré is shifted by
7t in the direction, which is perpendicular to the rotation axis
of the specimen, with respect to the reference moiré. More-
over, a fourth moiré is obtained at a fourth projection angle
6,,5. A phase of the fourth moiré is shifted by 37/2 in the
direction, which is perpendicular to the rotation axis of the
specimen, with respect to the reference moiré. A projection
differential phase image at the projection angle 8, is obtained
from those four detected moirés by using the analytical
method used in COMPARATIVE EXAMPLE 1. Similarly, a
projection differential phase image at a fifth projection angle
0,,1s obtained. While FIG. 25A illustrates the case where the
phase difference between the moirés detected at the first
projection angle 0, and the fifth projection angle 0, , is 0, the
phase difference therebetween is not always to be 0. In this
first method, projection differential phase images are not
obtained at the second, third and fourth projection angles 6, ;,
0,,, and 0,, ;. Thus, the number of the obtained projection
differential phase images is %4 of the number of the detected
moirés.

The second method of obtaining the projection differential
phase image is as follows. In the second method, the projec-
tion differential phase images at the second, third and fourth
projection angles 6,,,, 0,,, and 0,,; are also obtained. The
projection angles and the phase differences at which the moi-
rés are detected are the same as those illustrated in FIG. 25A.
Further, a manner of obtaining the projection differential
phase image at the first projection angle 0, is also the same as
that in the first method. In the second method, however, the
projection differential phase image at the second projection
angle 6, , is obtained from the moirés that are detected at the
projection angles 6,, |, 0,,,, 0,5 and 0,,,. Similarly, projec-
tion differential phase images at the projection angles 6,, , and
0,5 are further obtained. For that reason, a phase of the moiré
detected at the fifth projection angle 0,,, is beneficially
shifted by 7/2 from that of the moiré detected at the fourth
projection angle 0, ;. In the second method, the number of the
obtained projection differential phase images is equal to that
of the detected moirés.

A simulation is executed to obtain a tomographic phase
image from the projection differential phase images each of
which has been obtained with the above-described first
method. The wavefront measuring apparatus and the speci-
men both used in this simulation are the same as those used
EXAMPLE 6. Further, as in EXAMPLE 6, the specimen is
rotated through 180 degrees in units of 1.40625 degrees, and
images of the specimen are taken from 128 directions. How-
ever, one moiré is detected at each projection angle, and the
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moiré detected at each projection angle has the phase differ-
ence as per described above in this COMPARATIVE
EXAMPLE. FIG. 25B illustrates the tomographic phase
image obtained from the projection differential phase images
in 32 directions, which have been obtained from the moirés
taken in the 128 directions, in accordance with the formula
(26).

EXAMPLE 7 and COMPARATIVE EXAMPLE 7 differ
from EXAMPLE 6, COMPARATIVE EXAMPLE 5 and
COMPARATIVE EXAMPLE 6 in that the projection differ-
ential phase image is obtained by handling the moirés, which
are obtained at different projection angles, as the moirés
obtained at the same projection angle. Therefore, particularly
when the interval between the projection angles is relatively
wide, there is a possibility that distortion or blur of the image
may occur at a point away from the rotation center of the
specimen. Comparing EXAMPLE 7 and COMPARATIVE
EXAMPLE 7, EXAMPLE 7 is more effective in reducing
such a possibility. In COMPARATIVE EXAMPLE 7, the
projection differential phase image at one projection angle is
obtained from the moirés detected at four projection angles.
Ontheotherhand, in EXAMPLE 7, the projection differential
phase image at one projection angle is obtained from the
moirés detected at two projection angles. Accordingly, even
when distortion or blur of the image occurs, an influence of
the distortion or the blur is reduced. As described above, the
wavefront measuring method according to the first embodi-
ment is also applied to the case of obtaining a tomographic
image. While, in EXAMPLES 6 and 7, the projection differ-
ential phase image is obtained with the method, which has
been described in the first embodiment, based on the phase
shifting method, the projection differential phase image may
be obtained with the method, which has been described in the
second embodiment, based on the windowed Fourier method,
and the tomographic phase image may be obtained from that
projection differential phase image.

Aspects of the present disclosure can also be realized by a
computer of a system or apparatus (or devices such as a CPU
or MPU) that reads out and executes a program recorded on a
memory device to perform the functions of the above-de-
scribed embodiment(s), and by a method, the steps of which
are performed by a computer of a system or apparatus by, for
example, reading out and executing a program recorded on a
memory device to perform the functions of the above-de-
scribed embodiment(s). For this purpose, the program is pro-
vided to the computer for example via a network or from a
recording medium of various types serving as the memory
device (e.g., non-transitory computer-readable medium).

While the present disclosure has been described with ref-
erence to exemplary embodiments, it is to be understood that
the disclosure is not limited to the disclosed exemplary
embodiments. The scope of the following claims is to be
accorded the broadest interpretation so as to encompass all
such modifications and equivalent structures and functions.

What is claimed is:

1. A wavetront information obtaining method comprising:

receiving intensity information of a first periodic pattern
and intensity information of a second periodic pattern
having a phase shifted with respect to a phase of the first
periodic pattern; and

obtaining wavefront information,

wherein the obtaining of the wavefront information obtains
the wavefront information for one pixel by using:

intensity information at a first pixel of the first periodic
pattern;
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intensity information at a second pixel of the first periodic
pattern, the second pixel being positioned within three
pixels from the first pixel; and

intensity information at the first pixel of the second peri-

odic pattern.

2. The wavefront information obtaining method according
to claim 1, wherein the obtaining of the wavefront informa-
tion obtains the wavefront information by applying:

the intensity information at the first pixel of the first peri-

odic pattern;

the intensity information at the second pixel of the first

periodic pattern; and

the intensity information at the first pixel of the second

periodic pattern,

to a formula based on a phase shifting method on condition

that those pieces of intensity information are regarded as
pieces of intensity information at the first pixel of dif-
ferent periodic patterns.

3. The wavefront information obtaining method according
to claim 1, wherein the obtaining of the wavefront informa-
tion obtains the wavefront information by applying:

the intensity information at the first pixel of the first peri-

odic pattern;

the intensity information at the second pixel of the first

periodic pattern; and

the intensity information at the first pixel of the second

periodic pattern,

to a formula based on a phase shifting method on condition

that those pieces of intensity information are regarded as
pieces of intensity information at the first pixel or the
second pixel of different periodic patterns.

4. The wavefront information obtaining method according
to claim 3, wherein the obtaining of the wavefront informa-
tion obtains wavefront information for one pixel by using:

the intensity information at the first pixel of the first peri-

odic pattern;

the intensity information at the second pixel of the first

periodic pattern;

the intensity information at the first pixel of the second

periodic pattern; and

intensity information at the second pixel of the second

periodic pattern.

5. The wavefront information obtaining method according
to claim 3, wherein the first pixel and the second pixel are
adjacent to each other in the first and second periodic pattern.

6. The wavefront information obtaining method according
to claim 1, wherein the obtaining of the wavefront informa-
tion obtains the wavefront information by taking Fourier
transform of a composite periodic pattern of an intensity
distribution having:

an intensity at the first pixel of the first periodic pattern;

an intensity at the second pixel of the first periodic pattern;

and

an intensity at the first pixel of the second periodic pattern.

7. The wavefront information obtaining method according
to claim 6, wherein, in the composite periodic pattern,

the intensity at the first pixel of the first periodic pattern and

the intensity at the first pixel of the second periodic pattern

are positioned within three pixels.

8. The wavefront information obtaining method according
to claim 1, wherein the wavefront information is information
regarding at least one of a phase, a differential phase, an
amplitude, and scattering of a wavefront of light which forms
the first and second periodic pattern.

9. The wavefront information obtaining method according
to claim 1,
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wherein the obtaining of the wavefront information obtains

wavefront information for a plurality of pixels.

10. The wavefront information obtaining method accord-
ing to claim 9, further comprising

transmitting, to a display apparatus, image data of the

wavefront information for a plurality of pixels.

11. The wavefront information obtaining method accord-
ing to claim 1, wherein the periodic pattern is an interference
pattern or a moiré.

12. The wavefront information obtaining method accord-
ing to claim 1, wherein the periodic pattern is an X-ray peri-
odic pattern.

13. A non-transitory computer-readable medium storing a
program for causing a computer to execute the wavefront
information obtaining method according to claim 1.

14. A wavefront information obtaining method compris-
ing:

receiving intensity information of a first periodic pattern, a

second periodic pattern having a phase shifted in a first
direction with respect to a phase of the first periodic
pattern, and a third periodic pattern having a phase
shifted in a second direction with respect to the phase of
the first periodic pattern, the second direction crossing
the first direction;

obtaining shearing wavefront information in the first direc-

tion; and

obtaining shearing wavefront information in the second

direction,

wherein the obtaining the shearing wavefront information

in the first direction obtains the shearing wavefront

information in the first direction for one pixel by using:

intensity information at a first pixel of the first periodic
pattern;

intensity information at the first pixel of the second
periodic pattern; and
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intensity information at a second pixel of the first peri-
odic pattern or the second periodic pattern, the second
pixel being positioned within three pixels from the
first pixel, and
wherein the obtaining the shearing wavefront information
in the second direction obtains the shearing wavefront
information in the second direction for one pixel by
using:
the intensity information at the first pixel of the first
periodic pattern;

intensity information at the first pixel of the third peri-
odic pattern; and

intensity information at a third pixel of the first periodic
pattern or the third periodic pattern, the third pixel
being positioned within three pixels from the first
pixel.

15. A non-transitory computer-readable medium storing a
program for causing a computer to execute the wavefront
information obtaining method according to claim 14.

16. A computation apparatus configured to obtain wave-
front information comprising:

a unit configured to receive intensity information of a first
periodic pattern and intensity information of a second
periodic pattern having a phase shifted with respectto a
phase of the first periodic pattern; and

a unit configured to obtain wavefront information for one
pixel in wavefront information distribution by using:

intensity at a first pixel of the first periodic pattern;

intensity at a second pixel of the first periodic pattern, the
second pixel being positioned within three pixels from
the first pixel; and

intensity at the first pixel of the second periodic pattern.
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